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course, the object, a background, or other displayed entities,
and may include combinations of attributes like color, texture,
reflectance, size, orientation, font, or animation speed.

19 Claims, 11 Drawing Sheets




US 9,123,170 B2
Page 2

(56) References Cited

OTHER PUBLICATIONS

Bonamico etal., A System for Real-Time Synthesis of Subtle Expres-
sivity for Life-like MPEG-4 based Virtual Characters, IEEE 6th
Workshop on Multimedia Signal Processing; pp. 55-58 (2004).

Notice of Allowance (Mail Date Nov. 19, 2012) for U.S. Appl. No.

11/678,102, filed Feb. 23, 2007, First Named Inventor Jeffrey David
Amsterdam.

Notice of Allowance (Mail Date Oct. 18, 2013) for U.S Appl. No.
13/772,565, filed Feb. 21, 2013, First Named Inventor Jeffrey D.
Amsterdam.

Office Action (Mail Date Jul. 8, 2013) for U.S Appl. No. 13/772,565,
filed Feb. 21, 2013, First Named Inventor Jeffrey D. Amsterdam.
Response (Sep. 27, 2013) for U.S Appl. No. 13/772,565, filed Feb.
21, 2013, First Named Inventor Jeffrey D. Amsterdam.

U.S Appl. No. 14/153,506, filed Jan. 13, 2014, Confirmation No.
1250.

U.S Appl. No. 14/603,422, filed Jan. 23, 2015.

* cited by examiner



U.S. Patent Sep. 1, 2015 Sheet 1 of 11 US 9,123,170 B2

FIG. 1



U.S. Patent Sep. 1, 2015 Sheet 2 of 11 US 9,123,170 B2

<sarve player="1%;
<Coord tw (¥ xwv1,513¢"% y="-11,8945" p="2,23813" />
<coord t="0.025" x=¥1,25962% y=F-10,7336% z=42,80191i% />
<cgord te='0.05% xo"1,014" ¢=t-3,59381% z=t2,56109" />
<coord t=*0.075% x=*0.776343% y="-8,47501% z=72,51572" />
<coord t="0,1" x="0,54648" y="1-7,37687" z=*2,365683"% />
<coard ra'(,125% x=¥0,324223" y=Vwq, 29914% z=n2, 211440 />
<coord t="0,15% x=r0,30939" y="-5,24156" z="2,05261" />
<coord t=v0,175" x=¥-0.0982007" y=¥—4,20384" z="1,688935% />
<ooord t=¥0,2" x=*-0,.298733% y=®-3,18573% z="1,72171" />
<cooxrd tw" 0,225 xet-0,492389% ywi-2,18697% z=%1,54972" />
<cooxrd t=10,25" x="-0,5§79352" y=¥e1, 207287 z="1.37342" /»
<coord t="0.275" xot-0,859803" y-»v.-0,246405% z="1,19283" />
<coord te™0,3" x=-1,03393% y=v0,5695925" z="1,00801" />
<coord t="0,325" x="-1,2019" ya*i.5199B% z="0.818966" />
<coord teQ,3I5¥ x="w1,36392" yov2,52601% z="0.625751i" />
<coord t=v0,375% xe'-1,52015% y=13,4143" z="0, 428355" />
<coord t="0.,4" x="~1,67079% y=¥$,28511" z=1Q.226932% />
<coord t="0,423602" x=v"~1,80802% ya¥5,0914% ze"0,033% />
<coord t="0,425% x=%~1.81268" y=r5.12054% z=*0,033* />
<coord t="0.421582" xkm¥e1,82128" yw'§,17435" z="0,033" />
<coord t="0.45" x="-1.9132" y=¥5,7401" z="0.177515" />
<coord t="0.475 x="-2,01261" y="6,36243" z="0,328053" />
<cooxd t=10,5" x=%-2.10877" y="§,97571" z="D,467392° />
<cooxd te0,525" xwf-2,Z0167% y="1,57395¢ 2ev*0, 535531 />
<coord t=¥0,55% X=h-2,2913% y=18 17514 z=%0,71287% />
<coord t=%0,575% x=t—Z, 377687 y="Q,76128% zZ="0,818209% />
<coord t=%0.5" x=7-2,360817 y="9, 338387 z=10,912748" />
<coord t=*0, 625" X=P-2,54057" y="9,90643% %="0,996087" />
<coord t=*0,65" Xx="-2,61727" ym®10,1654" zw=hl, 06823% />
<coord T=ND.575* x=r-2,690627 y=r11,0154" z~*1,12917* />
<coord t="0.7" Xx="-2,.78071" y="11.5553" z="1,17891" />
<coord t="0,725" x="-2,82753" y="12,0882° z="1.21744" />

</serve>

<shot>
<coord t="0.75" x="-2,8679" y="12.486" z="1,24594" />
<coord tv="3,775" x=9-2,7394% y=¥11.4784" z="1.31208% />
<coord t='(.8" x="-2,61189" v="11,4766" z="1,36939* />
<coord t=¥0.825% X=%-2,48537% yw110, 9306" z=*1.42187" />
<coord v=®0.86" %=v-2,38984™ y="10.4903" z="1,46355" />
<coord t="0.875" x="-2,23532" y=n10,0055" z=%1,53248" />
<coord t=?0,9" x="-2,11181"% y=79.52627" z»%1,5506> />
ccoord t=*0.925" x="-1,3893" y="g,K08238" z="1,58403* />
<coord t=*0.95" X«=f-1,8678" y="8.58378" zwev1,861274 />
<coord te*0,9756% x="-1,74733" y="8,12041" zc=*1,63673R />
<coord t="1" x=1-1,62787" y=%].66213" z="1,65615" />
<coord te=*1.025% x="-1,50945" y=xv7.20891* z="1,6708%3" />
<coord ts*1.05"% x=01-1,39205¥ y=P§.T6061" z="1,68102% />
<cooxd t=*1,075" x=n-1,27565% y=n6.31714" z="1,6B655" />
<coord t="1.1% X="-1,16037%* y="5,87843" z="1,85875 />
<coord t="1,125" x=f-1,08609" y="5, 444377 z="1,68397" />
<coord t="1.15" x=*-0,932853" y="5,01488% z="1l,67588" />

FIG. 2a



U.S. Patent Sep. 1, 2015 Sheet 3 of 11 US 9,123,170 B2

<coord re®},15" x*%-0.932853" y="5.01488" z=%1,67588" />
<conrd tw"1,175% xw="~0,820672" y="4.58987* z=%1.6633" />
<coord t="1,2% x="-0.709546" y="4.16924" z="1, 64624™ />
<coord t=¥1,225% x="-0,59948" y=~"3,7529% z="1,62474" />
<coord t=%1,25" x=N-0.4530479" v=r3,34076% z=¥1,59881" />
<coord t=*1,275" X=*-0.3B2545" y=%2,93273" zu*1.56843° />
<coord t=*1,3” xev-0,275684" ye*2,528727 z="1, 53378" /»
<coord t="1,325% x="-0.1699% y="2,12863" z=x"1,49472" />
<coord t="1,35" x='-0.0651967% yu1,73238" zw°1,45132* />
<coord t="1.375" x="0.0384218* y="1,33986" z="1,40362" />
<cOOrd C=«P1.4" xm¥0,140951" y=*0,951™ z="1,35162" />
<goord t="1,425" x="0.242387% y=%0,5656937* z="1.29539" />
<cooxd t="1,45" x="0,342725"% y="0.18386" z="1,2349" />
<Coord t="1.475" x="0.441962" yx*-3,194601" za"1,1702* />
<coord t="1,5" x="0,540092" y=*-0,569778" zw»%1,10131" />
<coord t=n],525" x="0,637112" y=*-0,941764" z="1,02825" />
4<coord tw"1,55" %x="0,733018" y=*-1,31065" z="0,952051" />
<coord t="1,575% x="0.827806" y==-1.67652" z="0,869728" />
<coord t="1,6"% x=°0,92137" y="-2,03948" 2z="0,784305" />
<coord t="1.625% x="1.01402" y="-2,33961" z="},69481" />
<coord t="1.65" X="1,10541%" y=*-2,75701" z="0, 601264" />
<coord te"l,675% x»~1.19569 y="-3.111717" z="9.50369" />

<coord t="1,7" x%="§,_28482% y="-3,46398" 2w"0,402112* />
<coord ta¥i,725% x="]1_37281" y="-3,81372" z="0},296%54" />
<coord ta*l,75" xX="1,45965%" y="-4,1611" 2=%0,187038" />
<coord r=*1,775% x="1.54533% y=%-4,5062¢% z="0,0735887" />
<cobrd t="1.78374" X="1,57502" y="-4.62634* z="0,033" />
<coord t="1,8" x="1.61048™ y=*-4,76921" z="0,0716155" />
<coord t="1,825% x=T1.6620S" y=¥-4,98892" z=4(,158665" />
<coord t="i,B5" X=*1,71227" y=*-5.20356" z="0.238849" />
4Co0rd t="1,875" Xe*1,76127* y="-5,41358" z="0.31219" /»
<coord t="1,9" x=%1,80918" y="-5,61953" z="0,37871" />
<coord t="1,925% x="1,B85614" yw*-5,8219B" z="D,438431" />
<coord t="1,95% x="1,90226" y="-6,02148" £="0,49137§" />
<coord t="1,975" x=*1.94769" yo©-(,21858" z=»"0.537567" />
<coord t="2" x=°1,99256" ye'-6.41385" z="(Q.577027" />
<coord T="2,025% x="2,03698" vx=*-G,60785" z="0,6097177" />
<co0xd Ts"2,05% x="2,0811" y="-6,801L1% z="0,63584" />
<coard r=%2,075% %=r2,12504" y="-6,99421* z="0,655239" />
<coord t="2,1" X="2,16B94" v="-7, 177" z=¥*0,667995" />
<goord t="2.,125" X="2,21292" y=*-7.39214% z="0,674132" /=
<Coord tx"2,15" xx=x"2,25711% y=v-7 ,57808% z="0,§73671" />
<Ccoord 1x=*2.175* ¥Xo~2,30165" y=v-7,77608" 2="D,666634" />
ccoord L="2,2" x="2,34667" y="-7.97669" zw"0,553045" />
<cocord tw="2,225" xs"2,30229" y="-~B,18048% z="(},E32925" >
<coord t="Z,.25" x="2,43864" y="-8,38799" z="D, 606236 />
<coord 1="2,275" x="2,485B86" y="-8.59973" z="0,573181" />
</shor>
</polnt>

FIG. 2b



U.S. Patent Sep. 1, 2015 Sheet 4 of 11 US 9,123,170 B2

TRAJECTORY
DATA

C START ANIMATION )
v

500

YES

100
e
»|  LOAD TRAJECTORY DATA
110 v
|  PARSE TRAJECTORY DATA
120 ¥
“ BUILD MODEL MESHES
130 Y
| START TIMER
2 ®
] PERFORM
> SEGMENT DRAWING

LAST SGMT OF
COURSE?

Y

SET SGMT
(T
MO TO NEXT SGMT
171 SET SGMT TO FIRST SGMT OF
- NEXT COURSE

1

130

190

A

AHEAD OF
TIME?

DUE TIME TO
DRAW?

( END ANIMATION )

FIG.3




U.S. Patent

Sep. 1, 2015 Sheet 5 of 11

START
SEGMENT DRAWING

2
XYZORIGIN=0(0,0,0)
DATA POINT 1 = A (X1, Y1, Z1)
DATA POINT 2 =8 (X2, Y2, Z2)

P(X1,Y1,0)
VECTOR a =0P
2
150b VECTOR 2 =0A
1 VECTORb =0OB
150¢c y

VECTORp=0-a
VECTORg=0-b

NO

SEGMENT
FROM A TO B?

E

US 9,123,170 B2

1508 VECTORc=b-a VECTORc=2a-b
{ VECTOR vl =pxq 150¢ VECTOR vl=qxp
VECTOR V3 = qx p (S VECTOR V3 =px q
I ]
¥
1308 NORMALIZE
VECTORS vl AND v3
150k ¥
] VECTOR v2 =cx vl
VECTOR vd =¢x v3
1504 Y
NORMALIZE
VECTORS v2 AND v4
150 ¥
MESH SIZE ADJUST & UPDATE
VECTORS vl, v2, v3, AND v4
150k ¥
I ADD TIPS OF VECTORS v1, v2,
v3, AND v4 TO MESH
v
END
SEGMENT DRAWING

FIG. 4




U.S. Patent Sep. 1, 2015 Sheet 6 of 11 US 9,123,170 B2

VECTOR OP =0
VECTOR OA=a
VECTOR OB =48

FIG. 5a



U.S. Patent Sep. 1, 2015 Sheet 7 of 11 US 9,123,170 B2

VECTORp=0-a
YECTOR g=0-b

FIG. 5b



U.S. Patent Sep. 1, 2015 Sheet 8 of 11 US 9,123,170 B2

VECTORc=b-a

VECTOR vl =229
|p = 4]

VECTOR y3=-9XP_
la x A

FIG. 5¢



U.S. Patent Sep. 1, 2015 Sheet 9 of 11 US 9,123,170 B2

VECTOR v2 = 551
lkxvm

c%xv3

VECTOR v4 = ———
Jox 3

TFIG. 5d



U.S. Patent Sep. 1, 2015 Sheet 10 of 11 US 9,123,170 B2

FIG. 6



U.S. Patent Sep. 1, 2015 Sheet 11 of 11 US 9,123,170 B2

"\ [8

MEMORY | %",{?ﬁ

DEVICE | v :

94 Lo = 3
INPUT PROCESSOR OUTPUT
DEVICE  — 01 —  DEVICE
92 93

MEMORY | coggggm

DEVICE | :

95 : 21 ;

FIG.7



US 9,123,170 B2

1
REPRESENTING CHARACTERISTICS OF AN
ANIMATED OBJECT MOVING THROUGH A
THREE-DIMENSIONAL COORDINATE
SYSTEM

This application is a continuation application claiming pri-
ority to Ser. No. 13/772,565, filed Feb. 21, 2013, now U.S.
Pat. No. 8,669,978, issued Mar. 11 2014, which is a continu-
ation application to Ser. No. 11/678,102, filed Feb. 23, 2007,
now U.S. Pat. No. 8,405,661, issued Mar. 26, 2013.

FIELD OF THE INVENTION

The present invention discloses a method for modeling and
animating object trajectories in three-dimensional space.

BACKGROUND OF THE INVENTION

Conventional methods for modeling and animating object
trajectories in three-dimensional (3D) space cannot create an
accurate and dynamic object trajectory in real-time. Conven-
tional 3D animating methods attempt to animate an object
trajectory by displaying a number of discrete objects over
time along the trajectory. Consequently, conventional 3D ani-
mation methods convey little information as to the object
trajectory and may flatten or distort the track of a 3D object as
the 3D object is animated along with the object trajectory if
there is a sudden change in the direction of the object trajec-
tory as in arcing or and/or swerving.

Thus, there is a need for a method that overcomes at least
one of the preceding disadvantages of conventional 3D mod-
eling and animation methods.

SUMMARY OF THE INVENTION

The present invention provides a method for modeling and
animating a trajectory of an object in a three-dimensional
(3D) space, the object moving along the trajectory with uni-
directionally progressing time, wherein said 3D space is
specified by an origin O (0, 0, 0) and an XYZ coordinate
system comprising an x-axis, a y-axis, and a z-axis, wherein
a 3D point comprises a triplet (X, y, z) indicating a position of
the object in the 3D space, x representing a distance of the
position along the x-axis, y representing a distance of the
position along the y-axis, and z representing a distance of the
position along the z-axis, wherein the trajectory comprises at
least one course, each course being displayed as a 3D model
mesh comprising multiple vertices, wherein said each course
comprises at least one segment representing a display unit of
the 3D model mesh, wherein each segment comprises two 3D
points ordered in time and successive segments ordered in
time in accordance with said unidirectionally progressing
time, said method comprising for each segment:

generating at least three vertices for a first 3D point of said
two 3D points comprising the segment, said at least three
vertices not being collinear so that said at least three vertices
jointly specify a plane such that a normal vector of the speci-
fied plane is parallel to a vector directed from the first 3D
point of the segment to a second 3D point of the segment; and

adding the generated at least three vertices to the 3D model
mesh stored in a storage device, so that the generated at least
three vertices can be subsequently displayed as an extension
of the 3D model mesh.

The present invention provides a computer program prod-
uct, comprising a computer usable medium having a com-
puter readable program code embodied therein, said com-
puter readable program code containing instructions that
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when executed by a processor of a computer system imple-
ment a method for modeling and animating a trajectory of an
object in a three-dimensional (3D) space, the object moving
along the trajectory with unidirectionally progressing time,
wherein said 3D space is specified by an origin O (0, 0, 0) and
an XYZ coordinate system comprising an X-axis, a y-axis,
and a z-axis, wherein a 3D point comprises a triplet (X, y, )
indicating a position of the object in the 3D space, x repre-
senting a distance of the position along the x-axis, y repre-
senting a distance of the position along the y-axis, and z
representing a distance of the position along the z-axis,
wherein the trajectory comprises at least one course, each
course being displayed as a 3D model mesh comprising mul-
tiple vertices, wherein said each course comprises at least one
segment representing a display unit of the 3D model mesh,
wherein each segment comprises two 3D points ordered in
time and successive segments ordered in time in accordance
with said unidirectionally progressing time, said method
comprising for each segment:

generating at least three vertices for a first 3D point of said
two 3D points comprising the segment, said at least three
vertices not being collinear so that said at least three vertices
jointly specify a plane such that a normal vector of the speci-
fied plane is parallel to a vector directed from the first 3D
point of the segment to a second 3D point of the segment; and

adding the generated at least three vertices to the 3D model
mesh stored in a storage device, so that the determined at least
three vertices can be subsequently displayed as an extension
of the 3D model mesh.

The present invention provides a process for supporting
computer infrastructure, said process comprising providing
at least one support service for at least one of creating, inte-
grating, hosting, maintaining, and deploying computer-read-
able code in a computing system, wherein the code in com-
bination with the computing system is capable of performing
amethod for modeling and animating a trajectory of an object
in a three-dimensional (3D) space, the object moving along
the trajectory with unidirectionally progressing time, wherein
said 3D space is specified by an origin O (0,0,0) and an XYZ
coordinate system comprising an x-axis, a y-axis, and a
z-axis, wherein a 3D point comprises a triplet (X, y, z) indi-
cating a position of the object in the 3D space, X representing
a distance of the position along the x-axis, y representing a
distance of the position along the y-axis, and z representing a
distance of the position along the z-axis, wherein the trajec-
tory comprises at least one course, each course being dis-
played as a 3D model mesh comprising multiple vertices,
wherein said each course comprises at least one segment
representing a display unit of the 3D model mesh, wherein
each segment comprises two 3D points ordered in time and
successive segments ordered in time in accordance with said
unidirectionally progressing time, said method comprising
for each segment:

generating at least three vertices for a first 3D point of said
two 3D points comprising the segment, said at least three
vertices not being collinear so that said at least three vertices
jointly specify a plane such that a normal vector of the speci-
fied plane is parallel to a vector directed from the first 3D
point of the segment to a second 3D point of the segment; and

adding the generated at least three vertices to the 3D model
mesh stored in a storage device, so that the determined at least
three vertices can be subsequently displayed as an extension
of the 3D model mesh.

The present invention provides a method that overcomes at
least one of the current disadvantages of conventional meth-
ods for modeling and animating object trajectories in 3D
space.
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BRIEF DESCRIPTION OF THE DRAWINGS

FIG. 1 is an example of a mesh for a three-dimensional
(3D) cube, in accordance with embodiments of the present
invention.

FIGS. 2a and 2b are an example of a trajectory data format,
in accordance with embodiments of the present invention.

FIG. 3 is a flow chart depicting a method for modeling and
animating object trajectories in 3D space, in accordance with
embodiments of the present invention.

FIG. 4 is a flow chart depicting a method for drawing a
segment of an object trajectory in 3D space, in accordance
with embodiments of the present invention.

FIGS. 54, 5b, 5¢, and 5d represent steps of the method for
drawing a segment in FIG. 4, supra, in accordance with
embodiments of the present invention.

FIG. 6 illustrates an example 3D model mesh created for an
object trajectory, in accordance with embodiments of the
present invention.

FIG. 7 illustrates a computer system used for modeling and
animating object trajectories in 3D space, in accordance with
embodiments of the present invention.

DETAILED DESCRIPTION OF THE INVENTION

The present invention provides methods for modeling and
animating object trajectories in three-dimensional (3D)
space. The present invention dynamically and accurately cre-
ate an object trajectory, and represent the movement of a 3D
object without any distortion of a 3D object shape even when
the object trajectory arcs and/or swerves.

A position in 3D space is called a 3D point, and an object
trajectory is represented by at least two 3D points recorded in
time order. The present invention dynamically loads trajec-
tory data comprising at least two 3D points and organizes the
loaded trajectory data into individual parts defined as courses.
In the present invention, a course means a modeling unit of a
trajectory, and each course represents a separate 3D model
mesh. A 3D model mesh is a 3D wireframe representing an
object trajectory. 3D points created for a 3D model mesh are
called vertices, to distinguish a vertex from a 3D position of
an object represented by a 3D point. The present invention
may independently control display features of each course,
separate from other courses in the same trajectory. Each
course is animated in real-time. For example, each shot of a
rally in a tennis match may be a course within a whole tra-
jectory of a tennis ball. In animating the rally, each shot
comprising a course can be displayed in different color, pat-
tern, etc.

To create vertices for a 3D model mesh representing a
course, the present invention uses vector mathematics. Using
multiple vertices for each recorded 3D point of an object
trajectory, the present invention can create 3D model meshes
that accurately depict the trajectory. The created 3D model
meshes would be dynamically extended in real-time, accord-
ing to the time frame of the recorded 3D point data.

FIG. 1 is an example mesh for a 3D cube, in accordance
with the embodiments of the present invention. A, B, C, D, E,
F, G and H are vertices of the mesh. The term “vertex” means
a3D point on a 3D model mesh in the present invention. A 3D
point is a three-dimensional (3D) point located at position
designated by a triplet (X, y, z) in an XYZ coordinate system.
Three non-collinear vertices can define a two-dimensional
(2D) triangular surface, and such a surface which is defined
by at least three vertices is a “face.”” Triangles ABC, ACD,
ADF, DEF, EFG, EGH, BGH, BCH, ABG, AFG, CDH, and
DEH are faces of the example mesh. A “mesh” is a wireframe
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of'a three-dimensional (3D) object which is defined by a set of
vertices and faces defined by the set of vertices.

In conventional 3D modeling, most 3D objects are static
and animated by moving these static objects. 3D model
meshes for an object trajectory may be dynamically created
by the methods of present invention by dynamically defining
vertices which form a 3D model mesh. Newly defined verti-
ces will be added to a 3D model mesh according to the
movement of an object, and the 3D model mesh will be
extended as vertices are created by the methods of present
invention.

FIGS. 2a and 25 are an example of a trajectory data format,
in accordance with embodiments of the present invention.

The example is provided as a node in Extensible Markup
Language (XML) format. The XML file contains nodes for
each discrete part of the trajectory, which may be modeled as
a separate 3D model mesh. As described earlier, each discrete
part of whole trajectory may comprise a course. The example
XML data has nodes to delineate each course. Separate
courses are represented by a <shot> . . . </shot> and
<serve> . .. </serve>tags in FIGS. 2a and 2b. A <coord> tag
has attributes defining each data point within each of these
nodes. “t” is a time element of the data point, “x” is the
position of the data point along the x-axis, “y” is the position
of'the data point along the y-axis, and “z” is the position of the
data point along the z-axis. Each <coord> node represents a
position of an object at given time. Thus, a data point is
displayed at (x, y, Z) position on time t. In the first data point,
the initial position of an object is the node with t=0,” and t is
increased by 0.025 in successive nodes until t="0.4.” The time
interval between successive nodes may be variable, as shown
in nodes with t=70.4," (=0.423602," 1="0.425
=°0.427582,” 1="0.45,” etc.

FIG. 3 is a flow chart depicting a method for modeling and
animating object trajectories in 3D space, in accordance with
embodiments of the present invention.

A 3D object trajectory comprises at least one course, and
each course may be displayed as a 3D model mesh compris-
ing multiple vertices. Each course comprises at least one
segment representing a display unit of the 3D model mesh.
Each segment comprises two 3D points ordered in time and
successive segments are ordered in time with the same direc-
tion as the direction of two 3D points within a segment.

In step 100, the animation process loads trajectory data
from a trajectory data file 500. Trajectory data are formatted
as shown in FIGS. 2a and 256 supra. Trajectory data comprises
at least two nodes representing a segment. Each node com-
prises a 3D position and a time value to display the 3D
position.

In step 110, the animation process parses the loaded tra-
jectory data 500. The animation process goes through each
course which is a part of the trajectory, checks for errors, and
adds points to each discrete course in order to create smooth
transitions in the final animation. A beginning data point of a
course should be commonly positioned with an ending data
point of an immediately preceding course so that two 3D
model meshes of two consecutive courses can be seamlessly
displayed. Sometimes trajectory data may not be timely
ordered throughout the courses so the animation process
should move such a displaced data point to the correct course
during error checking This repositioning is specific to certain
types of objects being recorded and how the trajectory is
subdivided into courses.

The animation process stores the parsed trajectory data as
a data points array 600 for the use by the segment drawing
process in step 150 infra. Each data point comprises a 3D
point (X, y, z) and a data time t, wherein (X, y, z) represents a
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3D position in an XYZ coordinate system with x as an x
coordinate, y as ay coordinate, and z as a z coordinate, and t
represents the time to display the 3D point on (X, y, ) posi-
tion.

In step 120, the animation process builds a separate 3D
model mesh for each course comprising the trajectory which
is being modeled. Each course with a separate 3D model
mesh may be individually controlled so that it can be dis-
played with different display features such as color, anima-
tion, etc. Initial position of all vertices in each mesh is (0, 0,
0). Because all vertices of a 3D model mesh are located at the
origin of an XYZ coordinate system, the 3D model mesh is
initially invisible in the 3D space. Each 3D point of a segment
has at least two vectors for the 3D point, and tips of vectors are
vertices of a 3D model mesh which is animated. When there
are only two vectors, the 3D point specifying the position of
an object may as well be a vertex for the 3D model mesh. The
vectors are also initially set onto the origin O (0, 0, 0). The
vectors will be calculated and drawn in the segment drawing
process infra of step 150. After the segment drawing process
calculates vectors for each 3D point of a segment of a course,
the 3D model mesh is displayed.

In step 130, the animation process starts a timer to measure
current time, which represents the lapse of time since the
timer started. Current time is compared with data time t value
of a data point to control the segment drawing process as
shown in steps 180 and 190 infra.

In step 150, the animation process performs drawing of a
segment by invoking a predefined segment drawing process
which is described in FIG. 5 infra. The segment drawing
process draws a segment with a beginning and an ending data
points from the data points array 600. The segment drawing
process is separated from the animation process for the pur-
pose of modularized and simplified process control, and may
be integrated into the animation process if necessary.

In step 160, the animation process determines whether the
segment drawn in step 150 is the last segment of the course.
Note that a trajectory comprises at least one course, and each
course comprises at least one segment, and a segment is a unit
trajectory from one data point to the next data point. If the
segment drawn in step 150 is not the last segment of a course,
the animation process sets an immediately succeeding seg-
ment in the same course for drawing in step 161. If the
animation process determines that the segment is the last
segment of the course, the animation process determines
whether the course having the segment drawn in step 150 is
the last course of the trajectory in step 170. If the animation
process determines that the course having the segment drawn
in step 150 is not the last course of the trajectory, the anima-
tion process sets the first segment of an immediately succeed-
ing course for drawing in step 171. If the animation process
determines that the course of the segment drawn in step 150 is
the last course of the trajectory in step 170, the animation
process terminates because the entire trajectory has been
drawn.

In step 180, the animation process compares current time
with segment time of the next segment determined in steps
160, 161, 170, and 171 supra. The segment time is the data
time of an ending data point for a segment. The current time
may be, inter alia, updated by synchronizing with a system
clock, etc. If the data time of a segment is less than or equal to
the current time, indicating that the time for drawing the
segment has already passed, the segment is immediately
drawn by the segment drawing procedure in step 150.

Ifthe animation process determines that the data time of the
segment to be drawn is greater than the current time in step
180, indicating that the time for drawing the segment has not
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reached yet, then the animation process waits until the current
time becomes equal to the data time of the segment in step 190
at which time the segment drawing is performed followed by
looping back to step 150.

Step 190 is periodically performed by examining data time
of a successive data point at every predefined examination
interval. A data collection interval represents the difference of
data time between two consecutive data points. By periodi-
cally examining data time, an object trajectory could be
smoothly and seamlessly animated in real-time. As described
in FIGS. 2a and 25 supra, the increment in data time between
two consecutive data points may vary. Consequently, the pre-
defined examination interval for the animation process exam-
ining the data time of a data point may be greater than actual
data collection interval between two consecutive data points.
Where the current time is greater than the data time of more
than one data points, the animation process can simulta-
neously display more than one successive data point. In cases
of simultaneous drawing of multiple data points, resulting
animation of the object trajectory would be uneven and/or
irregular. Although the animation process may not maintain
the pace of the predefined examination interval, the method of
present invention can still animate accurate object trajectory
in real-time.

FIG. 4 is a flow chart depicting a method for drawing a
segment of an object trajectory in 3D space, in accordance
with embodiments of the present invention.

In one embodiment of the present invention, the animation
process may specify a 2D plane to extend the 3D model mesh
by generating two vertices from an original 3D point of the
segment and using the original 3D point as the third point. In
another embodiment, as shown in FIG. 6 infra, the animation
process may specify a 2D plane to extend the 3D model mesh
by generating three or more vertices around a 3D point of a
segment and using only the generated vertices.

Where recorded data points for a 3D object trajectory
define only one 3D position for each point in time, the single
data point by itself can not form a 3D model mesh represent-
ing a 3D object trajectory. Multiple vertices per data point are
necessary in order to provide depth, height and width to the
3D model mesh so that the 3D model mesh can be three-
dimensionally displayed. The flow chart of FIG. 4 describes
the process of calculating four vertices with 3D points for
each data point of a segment to form a 3D model mesh for an
object trajectory from the beginning data point to an ending
data point.

To actually make each successive part of a 3D model mesh
visible, the segment drawing process takes two data points.
Any two consecutive data points may form a segment for the
segment drawing process. With a beginning data point and an
ending data point of the segment in 3D space and vector math,
the segment drawing process generates at least two new ver-
tices around each recorded data point. By creating multiple
vertices for each 3D point and adding these vertices to all the
3D model mesh, a 3D object with height, width and depth
may be displayed. By repeating the segment drawing process
on all data points in the data point array 600, all data points
may be three-dimensionally displayed with generated verti-
ces for each data point. Adding vertices to the 3D model mesh
has the visual effect of extending an existing 3D model mesh
along the trajectory.

In step 150q, the drawing process identifies two consecu-
tive data points A (x1, y1, z1) and B (x2, y2, z2) in the data
points array as a segment of an object trajectory. The data
points exist in a single XYZ coordinate system. The origin O
of the XYZ coordinate system is located at (0, 0, 0). A 3D
point P is located at (x1,y1, 0) where data point A is projected
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onto XY plane. Vector o is specified as a vector from the
origin O (0, 0, 0) to the projected point P (x1, y1, 0).

In step 1505, the drawing process specifies vector a and
vector b. Vector a is a vector from the origin O (0, 0, 0) to data
point A (x1, y1, z1). Vector b is a vector from the origin O (0,
0,0)to datapoint B (x2,y2,72). FIG. Sa illustrates data points
O, A, B, and P and vectors o, a, and b.

In step 150¢, vector p is specified as vector subtraction of
vector a from vector 0; i.e., (0-a), and vector q is specified as
vector subtraction of vector b from vector o; i.e., (0-b). FIG.
5b depicts vectors p and q over FIG. 5a.

In step 1504, the segment drawing process determines the
direction of the segment being drawn. If the segment is being
drawn from data point A to data point B, the segment drawing
process sets A as a beginning point and B as an ending point,
then proceeds with step 150e. In step 150e, vector c is speci-
fied as vector subtraction of vector a from vector b; i.e., (b-a).
Vector vl specified as vector cross product of vector p and
vector q; i.e., (pxq). Vector v3 is specified as vector cross
product of vector q and vector p; i.e., (qxp). If the determi-
nation in step 1504 is that the segment being drawn is from
data point B to data point A, the segment drawing process sets
B as abeginning point and A as an ending point, then proceeds
with step 150/ In step 150f vector c is specified as vector
subtraction of vector b from vector a (a-b), which is directed
opposite to the vector ¢ specified in step 150e. Vector v1 is
specified as vector cross product of vector q and vector p; i.e.,
(gxp). Vector v3 specified as vector cross product of vector p
and vector q; i.e., (pxq).

In step 150g, vectors vl and v3 are normalized to unit
vectors. FIG. 5c illustrates specified vectors ¢, vl and v3 after
step 150g over FIG. 564.

In step 150/, vector v2 is specified as vector cross product
of'vector ¢ and vector v1;i.e., (cxvl). Vector v4 is vector cross
product of vector ¢ and v3; i.e., (cxv3). In step 1504, vectors
v2 and v4 are normalized to unit vectors. FIG. 54 illustrates
vectors v2 and v4 over FIG. 5c.

In step 1505, the length of all vectors is adjusted to make the
trajectory being modeled to fit for 3D space. A mesh size
adjusting factor is multiplied to all unit vectors v1, v2, v3 and
v4, to enlarge or reduce the volume of the 3D model mesh for
the trajectory. Note that a unit vector may result from multi-
plying mesh size adjusting factor to a vector prior to the
normalizing steps 150g and 150i. In this embodiment,
because the vectors with different lengths were made as unit
vectors prior to the size adjusting in step 150, the size of the
3D model mesh may be adjusted by multiplying same mesh
size adjusting factor to all vectors. In another embodiment,
size adjusting of a 3D model mesh may be applied to vectors
without normalization, and mesh size adjusting factor may be
different from a vector to another pursuant to the length of the
vector being adjusted.

Vector v1 is updated to vector vl multiplied by a mesh size
adjusting factor defined for the trajectory data to match the 3D
model mesh and added to vector a. Similarly, vector v2 is
updated to vector v2 multiplied by the mesh size adjusting
factor and added to vector a, vector v3 is updated to vector v3
multiplied by the mesh size adjusting factor and added to
vector a, and vector v4 is updated to vector v4 multiplied by
the mesh size adjusting factor and added to vector a.

In step 150%, the tips of vectors v1, v2, v3, and v4 are added
to the 3D model mesh as additional vertices for the 3D model
mesh to be drawn, and an extension of the 3D model mesh
corresponding to the segment from the beginning point to the
ending point is displayed. Steps 150a to 150% is repeated for
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all subsequent data points in each course of the 3D object
trajectory until the animation process of FIG. 3 supra is com-
pleted.

FIG. 6 illustrates an example 3D model mesh created for an
object trajectory, in accordance with embodiments of the
present invention.

The segment drawing method described in FIG. 4 supra
employs normalization and mesh size adjustment in creating
four vertices so that a 3D model mesh has consistent height
and width throughout the entire 3D model mesh, resulting in
a smoothly animated trajectory. Consequently, even in cases
where a trajectory arcs and/or swerves, the present invention
does neither flatten nor twist the 3D model mesh being ani-
mated. This stable and consistent animation is an advantage
over conventional methods for 3D modeling and animation.

In the example, an object passes three points A, B, and C,
in that order. Thus, the object has trajectory beginning at point
A, extending to point B, and ending in point C. The trajectory
has two segments defined by two consecutive points, AB and
BC. Initially, a 3D model mesh is created with all vertices set
to (0, 0, 0) after step 120 of the animation process described
in FIG. 4 supra. In the first execution of the segment drawing
method described in FIG. 5 supra, point A is a beginning data
point of a segment, and point B is an ending data point of the
segment. The data points V1, V2, V3, and V4 are tips of
vectors calculated around point A pursuant to the segment
drawing method described in FIG. 5 supra, which are added to
the 3D model mesh in step 1504

In the second execution of the segment drawing method
described in FIG. 5 supra, point B is a beginning data point of
a segment, and point C is an ending data point of the segment.
The data points W1, W2, W3, and W4 are tips of vectors
calculated around point B pursuant to the segment drawing
method described in FIG. 5 supra, which are added to the 3D
model mesh in step 1504 The 3D positions for vertices of the
3D model mesh are updated to these added 3D points. Then
the 3D model mesh for the first segment AB, which is speci-
fied by vertices V1V2V3V4-W1W2W3W4, is displayed.

In the third execution of the segment drawing method
described in FIG. 5 supra, point C is a beginning data point of
a segment, and point B is an ending data point of the segment.
The data points X1, X2, X3, and X4 are tips of vectors
calculated around point C pursuant to the segment drawing
method described in FIG. 5 supra, which are added to the 3D
model mesh in step 1504 The 3D positions for vertices of the
3D model mesh are updated to these added 3D points. Then
the 3D model mesh for the second segment BC, which is
specified by vertices W1W2W3W4-X1X2X3X4, is dis-
played. The 3D model mesh is extended along the trajectory
path as more data points are added to the mesh. Note that a
beginning data point of a segment is designated only for the
purpose of calculating vectors around one of two 3D points
comprising a segment. The segment would be drawn as the
3D model mesh extends from already existing 3D model
mesh toward the newly added vertices.

FIG. 7 illustrates a computer system 90 used for modeling
and animating object trajectories in 3D space, in accordance
with embodiments of the present invention.

The computer system 90 comprises a processor 91, an
input device 92 coupled to the processor 91, an output device
93 coupled to the processor 91, and memory devices 94 and
95 each coupled to the processor 91. The input device 92 is
any device capable of providing data input to the computer
system 90. Examples of input device may be, inter alia, a
keyboard, a mouse, a keypad, a touchscreen, a voice recog-
nition device, a network interface card (NIC), a Voice/video
over Internet Protocol (VOIP) adapter, a wireless adapter, a
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telephone adapter, a dedicated circuit adapter, etc. The output
device 93 is any device capable of receiving and/or displaying
data output from the computer system 90. Examples of output
device may be, inter alia, a printer, a plotter, a computer
screen, a magnetic tape, a removable hard disk, a floppy disk,
a programmable compact disc (CD), a digital video disc
(DVD), aNIC, a VOIP adapter, a wireless adapter, a telephone
adapter, a dedicated circuit adapter, etc. The memory devices
94 and 95 may be, inter alia, a cache, a dynamic random
access memory (DRAM), aread-only memory (ROM), a hard
disk, a floppy disk, a magnetic tape, an optical storage such as
a CD or a DVD, etc. The memory device 95 includes a
computer code 97 which is a computer program that com-
prises computer-executable instructions. The computer code
97 includes, inter alia, an algorithm used for modeling and
animating object trajectories in 3D space according to the
present invention. The processor 91 executes the computer
code 97. The memory device 94 includes input data 96. The
input data 96 includes input required by the computer code
97. The output device 93 displays output from the computer
code 97. Either or both memory devices 94 and 95 (or one or
more additional memory devices not shown in FIG. 7) may be
used as a computer usable medium (or a computer readable
medium or a program storage device) having a computer
readable program embodied therein and/or having other data
stored therein, wherein the computer readable program com-
prises the computer code 97. Generally, a computer program
product (or, alternatively, an article of manufacture) of the
computer system 90 may comprise said computer usable
medium (or said program storage device).

Thus the present invention discloses a process for support-
ing computer infrastructure, integrating, hosting, maintain-
ing, and deploying computer-readable code into the computer
system 90, wherein the code in combination with the com-
puter system 90 is capable of performing a method for mod-
eling and animating object trajectories in 3D space.

Any of the components of the present invention could be
deployed, managed, serviced, etc. by a service provider who
offers to support modeling and animating object trajectories
in 3D space. Thus the present invention discloses a process for
deploying or integrating computing infrastructure, compris-
ing integrating computer-readable code into the computer
system 90, wherein the code in combination with the com-
puter system 90 is capable of performing a method for mod-
eling and animating object trajectories in 3D space.

In another embodiment, the invention provides a business
method that performs the process steps of the invention on a
subscription, advertising, and/or fee basis. That is, a service
provider, such as a Solution Integrator, could offer to support
modeling and animating object trajectories in 3D space. In
this case, the service provider can create, maintain, support,
etc., a computer infrastructure that performs the process steps
of the invention for one or more customers. In return, the
service provider can receive payment from the customer(s)
under a subscription and/or fee agreement and/or the service
provider can receive payment from the sale of advertising
content to one or more third parties.

While FIG. 7 shows the computer system 90 as a particular
configuration of hardware and software, any configuration of
hardware and software, as would be known to a person of
ordinary skill in the art, may be utilized for the purposes stated
supra in conjunction with the particular computer system 90
of FIG. 7. For example, the memory devices 94 and 95 may be
portions of a single memory device rather than separate
memory devices.

While particular embodiments of the present invention
have been described herein for purposes of illustration, many
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modifications and changes will become apparent to those
skilled in the art. Accordingly, the appended claims are
intended to encompass all such modifications and changes as
fall within the true spirit and scope of this invention.

What is claimed is:

1. A method for representing characteristics of an animated
object as it traverses a path in a three-dimensional coordinate
system, wherein the object is represented as a set of object
points moving through the coordinate system, wherein the
path comprises an ordered sequence of contiguous courses,
wherein each boundary point of each course of the ordered
sequence of courses is associated with a mesh of a set of
three-dimensional wireframe meshes, wherein a first course
of the ordered sequence is bounded by an origin point of the
coordinate system and by a first trajectory point of the coor-
dinate system, wherein a second course of the ordered
sequence is adjacent to the first course and is bounded by the
first trajectory point and by a second trajectory point of the
coordinate system, wherein the first trajectory point is asso-
ciated with a first mesh of the set of three-dimensional wire-
frame meshes and the second trajectory point is associated
with a second mesh of the set of three-dimensional wireframe
meshes, and wherein the first and second trajectory points are
respectively associated with a first time value and a second
time value, the method comprising:

a processor of a computer system positioning the object at

a first location and associating the object with the first
time value;
the processor drawing a first set of pairs of vectors, wherein
a first pair of vectors of the first set of pairs of vectors is
associated with a first object point of the set of object
points, wherein the first pair of vectors both originate at
an origin point, wherein the coordinates of the tips of the
first pair of vectors respectively identify a first vertex
point of the first mesh and a second vertex point of the
first mesh, wherein the first trajectory point identifies a
third vertex point of the first mesh, and wherein an
orientation of the object as it traverses the first course is
a function of the first mesh;

the processor further positioning the object at a second
location and associating the object with the second time
value;

the processor further drawing a second set of pairs of

vectors, wherein a second pair of vectors of the second
set of pairs of vectors comprises a first vector and a
second vector, wherein the first vector originates at the
first vertex point of the first mesh and the second vector
originates at the second vertex point of the first mesh,
wherein the coordinates of the tips of the second pair of
vectors respectively identify a fourth vertex point of a
second three-dimensional wireframe mesh and a fifth
vertex point of a second mesh of the set of three-dimen-
sional wireframe meshes, and wherein the second tra-
jectory point identifies a sixth point of the second mesh;
and

the processor animating the object in real time along the

path such that the object traverses the first course over a
duration of time that extends from the starting time of the
animation through the first time value and traverses the
second course over a duration of time that extends from
the first time value through the second time value,
wherein a first display characteristic of the animation of
the object along the first course depends upon the first
mesh, and wherein a second characteristic of the anima-
tion of the object along the second course depends upon
the first mesh and the second mesh.
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2. The method of claim 1, wherein the first characteristic
and the second characteristic are selected from the group
comprising: color, texture, reflectance, size, orientation, font,
animation speed, and combinations thereof, and wherein the
first characteristic and the second characteristic comprise
attributes of one or more displayed entities selected from the
group comprising: a course, the path, the object, a back-
ground, a legend, other animated objects, and other animated
text.

3. The method of claim 1, further comprising:

the processor determining that the direction of the motion

of'the object along the path is from the first course to the
second course;

the processor revising the first mesh by performing a

sequence of mathematical vector operations upon the
three-dimensional coordinates of the origin point and of
the second trajectory point, wherein the revising is a
function of the direction of the motion;

the processor specifying a mesh-size adjusting factor as a

function of the revising; and

the processor adjusting the size of the revised first mesh as

a function of the mesh-size adjusting factor.

4. The method of claim 3, wherein the vector operations
further comprise:

the processor identifying a point P by projecting the origin

point onto a plane in the three-dimensional coordinate
system,

the processor identifying a vector o as a vector from the

origin point to the point P;

the processor identifying a vector a as a vector from the

origin point to the first trajectory point;

the processor identifying a vector b as a vector from the

origin point to the second trajectory point;
the processor identifying a vector p as a result of a vector
subtraction of the vector a from the vector o;

the processor identifying a vector q as a result of a vector
subtraction of the vector b from the vector o;

the processor identifying a vector ¢ as a result of a vector
subtraction of the vector a from the vector b;

the processor identifying a vector vl as a vector cross
product of the vector p and the vector q;

the processor identifying a vector v2 as a vector cross

product of the vector ¢ and the vector v1;

the processor identifying the first vertex point as a vector

tip point of a vector sum of the vector a and the vector v1;
and

the processor identifying the second vertex point as a vec-

tor tip point of a vector sum of the vector a and the vector
v2.

5. The method of claim 4, wherein the vector operations
further comprise the processor identifying the third vertex
point as the first trajectory point.

6. The method of claim 4, wherein the vector operations
further comprise:

the processor identifying a vector v3 as a vector cross

product of the vector q and the vector p;

the processor identifying a vector v4 as a vector cross

product of the vector ¢ and the vector v3; and

the processor identifying the third vertex point as a vector

tip point of a vector sum of the vector a and the vector v3;
and

the processor identifying an auxiliary vertex of the first

mesh as a three-dimensional coordinate of a vector tip of
a vector sum of the vector a and the vector v4.

7. The method of claim 1, further comprising providing at
least one support service for at least one of creating, integrat-
ing, hosting, maintaining, and deploying computer-readable
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program code in the computer system, wherein the computer-
readable program code in combination with the computer
system is configured to implement the positioning, associat-
ing, drawing, further positioning and associating, further
drawing, and animating.

8. A computer program product, comprising a computer-
readable hardware storage device having a computer-read-
able program code stored therein, said program code config-
ured to be executed by a processor of a computer system to
implement a method for representing characteristics of an
animated object as it traverses a path in a three-dimensional
coordinate system, wherein the object is represented as a set
of object points moving through the coordinate system,
wherein the path comprises an ordered sequence of contigu-
ous courses, wherein each boundary point of each course of
the ordered sequence of courses is associated with a mesh of
a set of three-dimensional wireframe meshes, wherein a first
course of the ordered sequence is bounded by an origin point
of'the coordinate system and by a first trajectory point of the
coordinate system, wherein a second course of the ordered
sequence is adjacent to the first course and is bounded by the
first trajectory point and by a second trajectory point of the
coordinate system, wherein the first trajectory point is asso-
ciated with a first mesh of the set of three-dimensional wire-
frame meshes and the second trajectory point is associated
with a second mesh of the set of three-dimensional wireframe
meshes, and wherein the first and second trajectory points are
respectively associated with a first time value and a second
time value, the method comprising:

a processor of a computer system positioning the object at

a first location and associating the object with the first
time value;
the processor drawing a first set of pairs of vectors, wherein
a first pair of vectors of the first set of pairs of vectors is
associated with a first object point of the set of object
points, wherein the first pair of vectors both originate at
an origin point, wherein the coordinates of the tips of the
first pair of vectors respectively identify a first vertex
point of the first mesh and a second vertex point of the
first mesh, wherein the first trajectory point identifies a
third vertex point of the first mesh, and wherein an
orientation of the object as it traverses the first course is
a function of the first mesh;

the processor further positioning the object at a second
location and associating the object with the second time
value;

the processor further drawing a second set of pairs of

vectors, wherein a second pair of vectors of the second
set of pairs of vectors comprises a first vector and a
second vector, wherein the first vector originates at the
first vertex point of the first mesh and the second vector
originates at the second vertex point of the first mesh,
wherein the coordinates of the tips of the second pair of
vectors respectively identify a fourth vertex point of a
second three-dimensional wireframe mesh and a fifth
vertex point of a second mesh of the set of three-dimen-
sional wireframe meshes, and wherein the second tra-
jectory point identifies a sixth point of the second mesh;
and

the processor animating the object in real time along the

path such that the object traverses the first course over a
duration of time that extends from the starting time of the
animation through the first time value and traverses the
second course over a duration of time that extends from
the first time value through the second time value,
wherein a first display characteristic of the animation of
the object along the first course depends upon the first
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mesh, and wherein a second characteristic of the anima-
tion of the object along the second course depends upon
the first mesh and the second mesh.

9. The computer program product of claim 8, wherein the
first characteristic and the second characteristic are selected
from the group comprising: color, texture, reflectance, size,
orientation, font, animation speed, and combinations thereof,
and wherein the first characteristic and the second character-
istic comprise attributes of one or more displayed entities
selected from the group comprising: a course, the path, the
object, a background, a legend, other animated objects, and
other animated text.

10. The computer program product of claim 8, further
comprising:

the processor determining that the direction of the motion

of'the object along the path is from the first course to the
second course;

the processor revising the first mesh by performing a

sequence of mathematical vector operations upon the
three-dimensional coordinates of the origin point and of
the second trajectory point, wherein the revising is a
function of the direction of the motion;

the processor specifying a mesh-size adjusting factor as a

function of the revising; and

the processor adjusting the size of the revised first mesh as

a function of the mesh-size adjusting factor.

11. The computer program product of claim 10, wherein
the vector operations further comprise:

the processor identifying a point P by projecting the origin

point onto a plane in the three-dimensional coordinate
system,

the processor identifying a vector o as a vector from the

origin point to the point P;

the processor identifying a vector a as a vector from the

origin point to the first trajectory point;

the processor identifying a vector b as a vector from the

origin point to the second trajectory point;
the processor identifying a vector p as a result of a vector
subtraction of the vector a from the vector o;

the processor identifying a vector q as a result of a vector
subtraction of the vector b from the vector o;

the processor identifying a vector ¢ as a result of a vector
subtraction of the vector a from the vector b;

the processor identifying a vector vl as a vector cross
product of the vector p and the vector q;

the processor identifying a vector v2 as a vector cross

product of the vector ¢ and the vector v1;

the processor identifying the first vertex point as a vector

tip point of a vector sum of the vector a and the vector v1;
and

the processor identifying the second vertex point as a vec-

tor tip point of a vector sum of the vector a and the vector
v2.

12. The computer program product of claim 11, wherein
the vector operations further comprise the processor identi-
fying the third vertex point as the first trajectory point.

13. The computer program product of claim 11, wherein
the vector operations further comprise:

the processor identifying a vector v3 as a vector cross

product of the vector q and the vector p;

the processor identifying a vector v4 as a vector cross

product of the vector ¢ and the vector v3; and

the processor identifying the third vertex point as a vector

tip point of a vector sum of the vector a and the vector v3;
and
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the processor identifying an auxiliary vertex of the first
mesh as a three-dimensional coordinate of a vector tip of
a vector sum of the vector a and the vector v4.

14. A computer system comprising a processor, a memory
coupled to said processor, and a computer-readable hardware
storage device coupled to said processor, said storage device
containing program code configured to be run by said proces-
sor via the memory to implement a method for representing
characteristics of an animated object as it traverses a pathin a
three-dimensional coordinate system, wherein the object is
represented as a set of object points moving through the
coordinate system, wherein the path comprises an ordered
sequence of contiguous courses, wherein each boundary
point of each course of the ordered sequence of courses is
associated with a mesh of a set of three-dimensional wire-
frame meshes, wherein a first course of the ordered sequence
is bounded by an origin point of the coordinate system and by
a first trajectory point of the coordinate system, wherein a
second course of the ordered sequence is adjacent to the first
course and is bounded by the first trajectory point and by a
second trajectory point of the coordinate system, wherein the
first trajectory point is associated with a first mesh of the set
of three-dimensional wireframe meshes and the second tra-
jectory point is associated with a second mesh of the set of
three-dimensional wireframe meshes, and wherein the first
and second trajectory points are respectively associated with
a first time value and a second time value, the method com-
prising:

a processor of a computer system positioning the object at

a first location and associating the object with the first
time value;
the processor drawing a first set of pairs of vectors, wherein
a first pair of vectors of the first set of pairs of vectors is
associated with a first object point of the set of object
points, wherein the first pair of vectors both originate at
an origin point, wherein the coordinates of the tips of the
first pair of vectors respectively identify a first vertex
point of the first mesh and a second vertex point of the
first mesh, wherein the first trajectory point identifies a
third vertex point of the first mesh, and wherein an
orientation of the object as it traverses the first course is
a function of the first mesh;

the processor further positioning the object at a second
location and associating the object with the second time
value;

the processor further drawing a second set of pairs of

vectors, wherein a second pair of vectors of the second
set of pairs of vectors comprises a first vector and a
second vector, wherein the first vector originates at the
first vertex point of the first mesh and the second vector
originates at the second vertex point of the first mesh,
wherein the coordinates of the tips of the second pair of
vectors respectively identify a fourth vertex point of a
second three-dimensional wireframe mesh and a fifth
vertex point of a second mesh of the set of three-dimen-
sional wireframe meshes, and wherein the second tra-
jectory point identifies a sixth point of the second mesh;
and

the processor animating the object in real time along the

path such that the object traverses the first course over a
duration of time that extends from the starting time of the
animation through the first time value and traverses the
second course over a duration of time that extends from
the first time value through the second time value,
wherein a first display characteristic of the animation of
the object along the first course depends upon the first
mesh, and wherein a second characteristic of the anima-
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tion of the object along the second course depends upon
the first mesh and the second mesh.

15. The computer system of claim 14, wherein the first
characteristic and the second characteristic are selected from
the group comprising: color, texture, reflectance, size, orien-
tation, font, animation speed, and combinations thereof, and
wherein the first characteristic and the second characteristic
comprise attributes of one or more displayed entities selected
from the group comprising: a course, the path, the object, a
background, a legend, other animated objects, and other ani-
mated text.

16. The computer system of claim 15, wherein the vector
operations further comprise:

the processor identifying a point P by projecting the origin

point onto a plane in the three -dimensional coordinate
system,

the processor identifying a vector o as a vector from the

origin point to the point P;

the processor identifying a vector a as a vector from the

origin point to the first trajectory point;

the processor identifying a vector b as a vector from the

origin point to the second trajectory point;
the processor identifying a vector p as a result of a vector
subtraction of the vector a from the vector o;

the processor identifying a vector q as a result of a vector
subtraction of the vector b from the vector o;

the processor identifying a vector ¢ as a result of a vector
subtraction of the vector a from the vector b;

the processor identifying a vector vl as a vector cross
product of the vector p and the vector q;

the processor identifying a vector v2 as a vector cross

product of the vector ¢ and the vector v1;

the processor identifying the first vertex point as a vector

tip point of a vector sum of the vector a and the vector v1;
and
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the processor identifying the second vertex point as a vec-
tor tip point of a vector sum of the vector a and the vector
v2.

17. The computer system of claim 14, further comprising:

the processor determining that the direction of the motion
of the object along the path is from the first course to the
second course;

the processor revising the first mesh by performing a
sequence of mathematical vector operations upon the
three-dimensional coordinates of the origin point and of
the second trajectory point, wherein the revising is a
function of the direction of the motion;

the processor specifying a mesh-size adjusting factor as a
function of the revising; and

the processor adjusting the size of the revised first mesh as
a function of the mesh-size adjusting factor.

18. The computer system of claim 17, wherein the vector

operations further comprise the processor identifying the
third vertex point as the first trajectory point.

19. The computer system of claim 17, wherein the vector

operations further comprise:

the processor identifying a vector v3 as a vector cross
product of the vector q and the vector p;

the processor identifying a vector v4 as a vector cross
product of the vector ¢ and the vector v3; and

the processor identifying the third vertex point as a vector
tip point of a vector sum of the vector a and the vector v3;
and

the processor identifying an auxiliary vertex of the first
mesh as a three-dimensional coordinate of a vector tip of
a vector sum of the vector a and the vector v4.
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